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Chapter 6: Fine-tuning
PDF mapped: AI_Engineering_WS20252026_Ch6_Ch7.pdf (Sections 6.0–6.3 cover Fine-
tuning) Code mapped: lab unit on Low-Rank Adaptation (referenced in Chapter 1 lecture
overview); related foundations in 0-3-pytorch-intro.ipynb and 0-4-pytorch-advanced.ipynb.
Exam format reminder: 120 minutes, 50 points, English, non-programmable calculator
allowed. Use the technical terms from the lecture. Do not use abbreviations in written
answers. Round numerical results to 2 decimals unless stated otherwise.

Chapter Overview
Fine-tuning modifies model parameters to adapt a pretrained foundation model to a specific task,
domain, or style. Where Chapter 3 used prompts and Chapter 4 used retrieval to steer behavior, this
chapter uses gradient updates.

Connections: - Builds on Chapter 2.8 (pretraining) and Chapter 2.10 (alignment: supervised fine-
tuning, reinforcement learning from human feedback, direct preference optimization). - Alternative to
Chapter 3 (prompting) and Chapter 4 (retrieval-augmented generation).

Likely exam tasks: - “When should one fine-tune, and when not?” (decision framework: prompting
vs. retrieval vs. fine-tuning). - Compare full fine-tuning, adapters, and Low-Rank Adaptation on mem-
ory, latency, and capability. - Explain Low-Rank Adaptation mathematically (low-rank decomposition,
scaling factor). - Compute trainable-parameter counts and training-memory budgets (2 decimals!).

বাংলা ব{াখ{া: এই অধ{ােয়র মূল কথা — ŖàĎ -েÏĽĒ ইনড মেডেলর ওজন (weights) সরাসির বদেল তােক নতŴ ন কােজ মািনেয় েনওয়া।
àĎ æপšঢŀ ং বা িরšÏŀ Ē ভাল মেডলেক বাইের Ƅথেক চালায়, িকÝĤ ফাইন-šঢŀ উিনং মেডেলর েভতরটাই পােéüĽ েদয়। পরীক্ষায় সবেচেয় েবŕশ নæĠ Ŏ র আেস
LoRA-র গিণত আর প{ারাŕমটার/েমমির Şহসাব Ƅথেক — তাই সংখ{াগুেলা হােত-কলেম অভ{াস কেরা।
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Beginner-Friendly Intuition
Story. A piano-trained musician (the pretrained model) wants to play jazz. Three options: 1. Re-take
all music lessons for jazz (full fine-tuning) — expensive, may forget classical. 2. Add a short jazz
workshop with a few new exercises (adapters / Low-Rank Adaptation) — cheap, retains classical skill.
3. Hand the musician a jazz cheat-sheet during the gig (prompting / retrieval) — cheapest, but the
cheat-sheet must always be present at performance time.

Fine-tuning is the workshop: small, durable, and it changes the musician — not just the sheet music
in front of them.

বাংলা ব{াখ{া: ŕপয়ােনাবাদেকর গéćĬ টা মেন রাƁখা — পুেরা ŕশক্ষা নতŴ ন কের েনওয়া মােন full fine-tuning (দাŕম, আƁগরটা ভŴ েল যাওয়ার
ঝঁুিক), েছাট ওয়াকর্ শপ মােন PEFT (সòģ া, আƁগর দক্ষতা অক্ষত), আর Šচট-ŕশট মােন àĎ æপট/RAG (àĎ িতবার সাƁথ রাখেত হয়)।
ফাইন-šঢŀ উিনং ñĦ ায়ীভােব আচরণ বদলায়, Šচট-ŕশট বদলায় না।

Key Concepts and Definitions (Glossary)

Term Meaning বাংলা Example
Fine-tuning Update model

parameters on a
smaller, task-specific
dataset

েছাট েডটায় ওজন Ƅশাধন adapt a Llama base
model for medical
question answering

Full fine-tuning Update all parameters
of the base model

সব ওজন আপেডট most expensive option;
highest forgetting risk

Parameter-efficient
fine-tuning

Update only a small
subset of (often newly
added) parameters

অéćĬ িকছŴ ওজন আপেডট Low-Rank
Adaptation, adapters,
prompt tuning

Adapter Small bottleneck
modules inserted into
each transformer layer

েলয়াের েছাট মŖডউল েযাগ Houlsby et al. 2019

Low-Rank Adaptation
(LoRA)

Learn a low-rank
additive update to
frozen weight matrices

েলা-র {া� ওজন-সংƁশাধন Hu et al. 2021

Rank Number of linearly
independent rows
(equivalently columns)
of a matrix

ম{াšÏŀ Ē ে�র ðĠ Ŏ াধীন সাির-সংখ{া typical LoRA rank
𝑟 = 4 … 64

Scaling factor 𝛼 Scales the LoRA
update: effective
Δ𝑊 = (𝛼/𝑟)𝐵𝐴

আপেডেটর মা�া িনয়Üĥ ক common: 𝛼 = 16

Catastrophic
forgetting

New training
overwrites previously
learned capabilities

আƁগর জ্ঞান মুেছ যাওয়া full fine-tuning on a
narrow dataset

Domain shift Training and
deployment data
distributions differ

েডটা-িবতরণ বদেল যাওয়া medical vs. general
web text
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Term Meaning বাংলা Example
Supervised fine-tuning Training on (input,

target) demonstration
pairs

তÔĞ াবধােন Ƅশাধন instruction tuning

Preference alignment Preference-based
post-training
(Chapter 2.10)

পছőদĸ -ŕভŖ�ক সমőĆĸ Ġ য় reinforcement learning
from human feedback;
direct preference
optimization

Quantization Store weights in lower
numerical precision

ওজন সংেকাচন (কম িবট) 16-bit → 8-bit → 4-bit

Affine quantization Map a real interval to
integers via scale and
zero-point

ƄðĠ ĵŏ ল+িজেরা-পেয়őüĸ Ľ ম{াŕপং 𝑞 = round(𝑥/𝑠) + 𝑧

QLoRA Low-Rank Adaptation
on top of a
4-bit-quantized frozen
base

৪-িবট েবেস LoRA Dettmers et al. 2023

Trainable parameters The subset of
parameters that
receives gradients

েযগুেলা আসেল ƄশƁখ LoRA: typically 0.1–1
% of the base

Intrinsic dimension Smallest subspace
dimension in which a
task can be learned
well

কাজ Ƅশখার নূ{নতম মা�া Aghajanyan et
al. 2020

Merging Folding the LoRA
update into the base
weight:
𝑊 ′ = 𝑊 + (𝛼/𝑟)𝐵𝐴

আপেডট মূল ওজেন েমশােনা zero added inference
latency

বাংলা ব{াখ{া: শ�গুেলার মেধ{ সæপকর্ টা ধেরা: rank হেলা ক্ষমতার িনয়Üĥ ক, 𝛼 হেলা ধাƁপর আকার, LoRA হেলা পØĠ ķ ō িত, QLoRA
হেলা LoRA + ৪-িবট েকায়াőüĸ Ľ াইজড েবস, আর catastrophic forgetting হেলা েসই িবপদ েযটা PEFT কমায়। পরীক্ষায় “Do
not use abbreviations” — তাই ŗলখেব “Low-Rank Adaptation”, শুধু “LoRA” নয়।

6.0 Positioning: Where Fine-tuning Fits in the LLM Stack
What the section says

• The model lifecycle: Pretraining → Fine-tuning → Alignment / Post-training → Deployment-time
steering (prompting, retrieval).

• Pretraining learns general language representations from web-scale data.
• Fine-tuning changes what the model tends to do by default — its default style, format, and

domain behavior.
• Alignment (Chapter 2.10) shapes preferences and safety on top of that.
• Prompting and retrieval (Chapters 3–4) steer behavior without touching parameters; fine-tuning

is the first technique in this course that performs gradient updates on the model.
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Beginner explanation

The base model is a generalist. Fine-tuning gives it a default specialty: the same prompt now produces
a more domain-appropriate answer, without the prompt needing to carry all the instructions every
single time.

A useful mental model:

Lever
Where the change
lives Persistence Cost to apply

Prompting In the context window Per request Tokens per call
Retrieval-augmented
generation

In an external index Per request Index + retrieval per
call

Fine-tuning In the weights Permanent One-time training

বাংলা ব{াখ{া: িতনটা ŗলভােরর পাথর্ ক{ মেন রাƁখা — àĎ æপট থােক কনেট�ট উইেőûĸ ােত (àĎ িতবার পাঠােত হয়), RAG-এর জ্ঞান থােক
বাইেরর ইনেডে� (àĎ িতবার খঁুেজ আনেত হয়), আর ফাইন-šঢŀ উিনংেয়র Ƅশখা থােক ওজেনর েভতের (একবার ŕশখেল ñĦ ায়ী)। পরীক্ষায়
িজেজ্ঞস করেল এই “where does the change live” েটিবলটা িদেয়ই উ�র সাজাও।

6.1 Why and When to Fine-tune
6.1.1 Problem classes that fine-tuning solves

• Persistent style / format adoption — every output follows a JSON schema or a company tone-of-
voice, without re-stating it in the prompt.

• Domain behavior baked in — medical terminology, legal phrasing, internal jargon become the
default register.

• Reduced prompt length and cost — instructions and examples no longer occupy the context
window on every call.

• Task-specific accuracy boost — when prompting quality has plateaued and labelled examples
exist.

Failure modes of prompting alone that motivate fine-tuning: long prompts cost tokens on every request;
instructions get ignored under context pressure; style is inconsistent across calls; few-shot examples
crowd out the actual task input.

বাংলা ব{াখ{া: ফাইন-šঢŀ উিনং সবেচেয় ভােলা কাজ কের আচরণ ও óüĽ াইল Ƅশখােত — েযমন সবসময় JSON ফরম{ােট উ�র, বা িনি র্দ​·Ŀ
Ƅপশাদার ভাষা। àĎ িতবার àĎ æপেট এক পাতা িনেদর্ শনা পাঠােনার বদেল মেডল একবােরই অভ{াসটা ŕশƁখ েনয়, ফেল েটােকন-খরচও কেম।

6.1.2 When NOT to fine-tune

• Knowledge changes daily (prices, news, regulations) → use retrieval-augmented generation (Chap-
ter 4). A fine-tuned model is frozen at training time.

• Tiny dataset (fewer than roughly one hundred examples) → few-shot prompting is usually stronger
and far cheaper.

• No evaluation harness → fine-tuning will silently degrade other capabilities; you must be able to
measure before/after.

• Provenance or citations required → retrieval can point at sources; weights cannot.
• Compliance forbids weight modification or data retention in models → retrieval keeps knowledge

outside the model and deletable.
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6.1.3 Decision framework: prompting vs. retrieval vs. fine-tuning

Figure 1: Decision flow: prompting vs. retrieval-augmented generation vs. fine-tuning

Decision criteria as a table (exam-friendly form):

Criterion Prompting
Retrieval-augmented
generation Fine-tuning

Knowledge freshness
needed

poor best (index is
updatable)

poor (frozen at
training)

Source attribution /
citations

no yes no

Persistent style /
format

weak weak best

Labelled data
required

none–few none (documents
instead)

hundreds+

Per-request cost high (long prompts) medium (retrieval +
tokens)

low (short prompts)
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Criterion Prompting
Retrieval-augmented
generation Fine-tuning

Up-front cost none index build training run
Risk of capability
damage

none none catastrophic
forgetting

Rule of thumb from the lecture: fine-tune for behavior, retrieve for knowledge, prompt for quick exper-
iments. The three combine: a fine-tuned model can still use retrieval and good prompts.

def choose_adaptation(num_examples, knowledge_freshness_days, needs_citations, eval_harness):
if needs_citations or knowledge_freshness_days < 30:

return ”Use retrieval-augmented generation”
if num_examples < 100:

return ”Use few-shot prompting”
if not eval_harness:

return ”Build an evaluation harness first”
return ”Fine-tune (parameter-efficient first)”

print(choose_adaptation(500, 365, False, True)) # -> Fine-tune (parameter-efficient first)

Code example: deciding if fine-tuning is appropriate বাংলা ব{াখ{া: ŕসØĠ ķ ō ােÝģ র সূ�টা এক লাইেন: আচরণ Ƅশখােত
ফাইন-šঢŀ উন, তাজা তƁথ{র জন{ RAG, ×ĕ ĉত পরীক্ষার জন{ àĎ æপট। েডটা àĎ িতিদন বদলােল বা সূ� (citation) েদখােত হেল RAG-ই
একমা� সŦ ņ̌ ক উ�র, কারণ ওজেনর েভতেরর জ্ঞান আপেডটও করা যায় না, েদখােনাও যায় না। আর ইভ{ালুেয়শন ছাড়া ফাইন-šঢŀ উন করা
মােন েচাখ েবঁেধ অপােরশন করা।

6.2 Full Fine-tuning
6.2.1 Definition and loss

Full fine-tuning updates every parameter 𝜃 of the base model by minimizing the task loss (negative
log-likelihood) on the fine-tuning dataset:

L(𝜃) = − Σ_(x,y) log P_𝜃(y | x)

Optionally with a regularization term that pulls the solution back toward the pretrained weights:

L_total(𝜃) = L_task(𝜃) + (𝜆/2) ⋅ ||𝜃 − 𝜃_pretrained||2

Symbol Meaning
𝜃 all model parameters (trainable)
𝜃𝑝𝑟𝑒𝑡𝑟𝑎𝑖𝑛𝑒𝑑 frozen snapshot of the parameters before

fine-tuning
𝐿𝑡𝑎𝑠𝑘 cross-entropy on the fine-tuning data
𝜆 regularization strength (how hard we pull back

to the pretrained point)
(𝑥, 𝑦) input and target sequence pair
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বাংলা ব{াখ{া: ŞØĠ তীয় সূ�টা গুরĉÓĞ পূণর্ — 𝜆 যত বড়, মেডল তত কম দŸ ের সরেত পাের ŖàĎ -েÏĽĒ ইনড অবñĦ ান Ƅথেক, ফেল ভŴ েল যাওয়া
(forgetting) তত কম, িকÝĤ নতŴ ন কাজ Ƅশখাও তত সীŕমত। এটাই regularization-এর দৃš·ł েত forgetting িনয়Üĥ ণ।

6.2.2 Catastrophic forgetting — cause, mechanism, consequence

• Cause: the fine-tuning dataset covers only a narrow slice of the pretraining distribution.
• Mechanism: gradient descent moves all weights to reduce loss on that slice; weights that encoded

unrelated capabilities are overwritten because nothing in the new loss protects them (the optimizer
has no memory of the old data).

• Consequence: general capabilities (reasoning, other languages, world knowledge) measurably de-
grade, even though task performance improves.

Regularization view. The penalty (𝜆/2) ‖𝜃 − 𝜃𝑝𝑟𝑒𝑡𝑟𝑎𝑖𝑛𝑒𝑑‖2 treats the pretrained point as a prior: devia-
tions are taxed quadratically. More refined versions (elastic weight consolidation) weight each coordi-
nate by its estimated importance 𝐹𝑖 for old capabilities:

L_total(𝜃) = L_task(𝜃) + (𝜆/2) ⋅ Σ_i F_i (𝜃_i − 𝜃_pretrained,i)2

Parameter-efficient methods take this idea to the limit: instead of taxing deviation, they structurally
constrain it — Low-Rank Adaptation only permits updates inside a rank-𝑟 subspace and the base stays
exactly frozen.

বাংলা ব{াখ{া: ভŴ েল যাওয়ার কারণটা েবােঝা: নতŴ ন লস ফাংশন শুধু নতŴ ন েডটার পারফরম{া� েদƁখ — পুেরােনা দক্ষতা রক্ষার েকােনা শতর্
তােত েনই, তাই ƃ¾Đ Ŗডেয়őüĸ Ľ িনŞ র্ØĠ ​ধায় পুেরােনা জ্ঞােনর ওজনগুেলা মুেছ নতŴ ন কােজ লাগায়। LoRA-েত েবস একদম জমাট (frozen) থােক
বেল ক্ষিতটা কাঠােমাগতভােবই সীŕমত — আর অ{াডাáüĽ ার খুেল েফলেল আিদ মেডল হুবহু ŕফের আেস।

6.2.3 Training-memory arithmetic (the famous 16 bytes per parameter)

Mixed-precision training with the Adam optimizer keeps, per parameter:

Component Precision Bytes per parameter
Working weights 16-bit float 2
Gradients 16-bit float 2
Master copy of weights 32-bit float 4
Adam first moment 𝑚 32-bit float 4
Adam second moment 𝑣 32-bit float 4
Total 16

Worked example (7B model, full fine-tuning).

Memory = 7 × 109 parameters × 16 bytes/parameter
= 112 × 109 bytes
= 112.00 GB (plus activations, which depend on batch size and sequence length)

No single commodity GPU (24–80 GB) holds this; full fine-tuning of a 7B model requires multi-GPU
sharding.

Comparison preview (details in 6.3):
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Setting Base weights Trainable states
Approx. total (excl.
activations)

Full fine-tuning 7B 14.00 GB (16-bit,
inside the 112)

112.00 GB total 112.00 GB

Low-Rank
Adaptation, 𝑟 = 8

14.00 GB frozen 16-bit 8,388,608 × 16 B =
134.22 MB ≈ 0.13 GB

≈ 14.13 GB

QLoRA, 𝑟 = 8 3.50 GB frozen 4-bit ≈ 0.13 GB ≈ 3.63 GB

Figure 2: Training memory comparison: full fine-tuning vs. Low-Rank Adaptation vs. QLoRA

বাংলা ব{াখ{া: ১৬ বাইট/প{ারাŕমটার সংখ{াটা মুখñĦ রাƁখা আর ভাঙেত ƄশƁখা: ২ (ওজন fp16) + ২ (ƃ¾Đ Ŗডেয়őüĸ Ľ fp16) + ৪ (মাóüĽ ার
ওজন fp32) + ৪ (Adam-এর àĎ থম েমােমőüĸ Ľ ) + ৪ (ŞØĠ তীয় েমােমőüĸ Ľ )। গুণ করেলই ৭B × ১৬ = ১১২ GB। LoRA-েত েবেসর জন{
শুধু ২ বাইট (forward-এর ওজন) লাƁগ — ƃ¾Đ Ŗডেয়őüĸ Ľ আর অপšঢŀ মাইজার েóüĽ ট লাƁগ েকবল কু্ষ×ĕ অ{াডাáüĽ ােরর জন{। এই ভাঙােনাটাই
পরীক্ষার ৫-নæĠ Ŏ রী অ�।

6.2.4 When full fine-tuning is still the right tool

• Very large fine-tuning datasets (millions of examples) and a strong domain shift (e.g., training a
code-specialized model from a general base).

• When the highest possible task quality justifies cluster-scale compute and a careful forgetting-
mitigation recipe (data mixing with pretraining-like data, small learning rate, early stopping).

import torch, torch.nn as nn, torch.nn.functional as F
torch.manual_seed(0)
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class Toy(nn.Module): # stands in for an LLM
def __init__(self, V=50, d=64):

super().__init__()
self.emb = nn.Embedding(V, d)
self.lin = nn.Linear(d, V)

def forward(self, x): return self.lin(self.emb(x))

model = Toy()
opt = torch.optim.AdamW(model.parameters(), lr=1e-3) # ALL parameters trainable
data = torch.randint(0, 50, (256, 8))
for step in range(50):

x, y = data[:, :-1], data[:, 1:]
loss = F.cross_entropy(model(x).reshape(-1, 50), y.reshape(-1))
opt.zero_grad(); loss.backward(); opt.step()

print(”Final loss:”, loss.item())

Code example: full fine-tuning loop (toy scale — a 7B model will not fit on a laptop) বাংলা ব{াখ{া: Full
fine-tuning এখেনা দরকার হয় যখন েডটা িবশাল আর েডােমইন এেকবাের আলাদা — েযমন সাধারণ মেডল Ƅথেক েকাŖডং-িবƁশষজ্ঞ
মেডল বানােনা। িকÝĤ ŖডফéüĽ পছőদĸ সবসময় PEFT; full fine-tuning হেলা Ƅশষ অñĥ , àĎ থম নয়।

6.3 Parameter-Efficient Fine-Tuning (PEFT)
The core idea: freeze the base model, train a tiny number of new parameters. This section is the
mathematical heart of the chapter.

6.3.1 Matrix rank — recap with a worked example

Definition. The rank of a matrix is the number of linearly independent rows (equivalently, columns).
A matrix 𝑀 ∈ ℝ𝑑×𝑘 that factors as an outer product of two vectors has rank 1; a product of an 𝑑 × 𝑟
and an 𝑟 × 𝑘 matrix has rank at most 𝑟.
Worked 2×2 rank-1 example (outer product). Take

u = (2, 1)T , v = (3, −1)T

ΔW = u vT = [ 2⋅3 2⋅(−1) ] = [ 6 −2 ]
[ 1⋅3 1⋅(−1) ] [ 3 −1 ]

Check the rank: - Row 2 = 0.50 × Row 1 → the rows are linearly dependent. - Determinant: 6 ⋅ (−1)−
(−2) ⋅ 3 = −6.00 + 6.00 = 0.00 → not full rank. - Exactly one independent row → rank 1.

Storage view: the full matrix has 2 × 2 = 4 entries; the factors have 2 + 2 = 4 entries — no saving at
this toy size. But for 𝑑 = 𝑘 = 4096 and rank 8 the factors need 𝑟(𝑑 + 𝑘) = 65,536 numbers instead of
𝑑𝑘 = 16,777,216. The saving grows with matrix size, which is exactly why this matters for LLMs.

Why is the fine-tuning update Δ𝑊 approximately low-rank? - Empirical: Aghajanyan et al. (2020)
showed fine-tuning objectives can be optimized inside a surprisingly low-dimensional reparametrization
— the task’s intrinsic dimension is small (often hundreds, not millions, of directions for large pretrained
models). - Intuition: the pretrained model already contains the needed features; adaptation mostly re-
combines and re-weights existing directions rather than learning new ones. The singular-value spectrum

9



of the ideal Δ𝑊 decays fast, so a rank-𝑟 truncation (best possible by the Eckart–Young theorem)
captures most of the useful update. - Consequence: restricting the update to rank 𝑟 ≪ min(𝑑, 𝑘) loses
little quality but saves enormous memory — the founding hypothesis of Low-Rank Adaptation.
import numpy as np
np.random.seed(0)
A = np.random.randn(4, 3); B = np.random.randn(3, 5)
M = A @ B # shape 4x5, but rank ≤ 3
print(”rank(M) =”, np.linalg.matrix_rank(M)) # -> 3

বাংলা ব{াখ{া: Rank মােন ম{াšÏŀ Ē ে� আসেল কতগুেলা ðĠ Ŏ াধীন িদক (direction) আেছ। ২×২ উদাহরƁণ ŞØĠ তীয় সািরটা àĎ থম সািরর অেধর্ ক
— তাই তথ{ আসেল একটাই িদেকর, rank = 1। ফাইন-šঢŀ উিনংেয়র আপেডটও এমন: িবশাল ম{াšÏŀ Ē � েদখােলও কােজর পিরবতর্ ন ক’টা
মা� িদেক ঘেট, কারণ দরকাির ŕফচারগুেলা ŖàĎ -েÏĽĒ ইিনংেয়ই Ƅশখা হেয় Ƅগেছ — নতŴ ন কাজ শুধু েসগুেলার নতŴ ন ŕমìĎ ণ চায়।

6.3.2 Low-Rank Adaptation (LoRA)

Figure 3: Low-Rank Adaptation: frozen W plus trainable low-rank factors B⋅A

Formulation. A frozen pretrained weight matrix 𝑊 ∈ ℝ𝑑×𝑘 is augmented by a trainable low-rank
update:

W' = W + (𝛼/r) ⋅ B ⋅ A
with shapes 𝐴 ∈ ℝ𝑟×𝑘, 𝐵 ∈ ℝ𝑑×𝑟 and 𝑟 ≪ min(𝑑, 𝑘).
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Symbol Meaning Trainable?
𝑊 ∈ ℝ𝑑×𝑘 pretrained weight matrix (e.g.,

a query projection)
no — frozen

𝐴 ∈ ℝ𝑟×𝑘 “down” factor; initialized
random Gaussian

yes

𝐵 ∈ ℝ𝑑×𝑟 “up” factor; initialized to all
zeros

yes

𝑟 rank of the update — capacity
hyperparameter

hyperparameter

𝛼 scaling factor — effective
update is (𝛼/𝑟)𝐵𝐴

hyperparameter

𝑑, 𝑘 output and input dimension of
the layer

architecture

Key design choices: - Initialization: 𝐴 ∼ 𝒩(0, 𝜎2), 𝐵 = 0. Then Δ𝑊 = 𝐵𝐴 = 0 at the start, so
training begins exactly at the pretrained model — no random disturbance of base behavior. - Scaling
𝛼/𝑟: decouples the update magnitude from the rank. If you double 𝑟, the per-direction contribution
halves, keeping the overall scale comparable. 𝑟 controls capacity (how many directions can change);
𝛼 controls effective step size. They are not redundant. - Forward pass: 𝑦 = 𝑊𝑥 + (𝛼/𝑟) 𝐵(𝐴𝑥) —
computed as two skinny matrix multiplications during training. - Merging for inference: compute
𝑊 ′ = 𝑊 + (𝛼/𝑟)𝐵𝐴 once; thereafter a single dense multiplication, i.e., zero added latency compared
with the base model.

Worked example 1 — square attention projection. 𝑑 = 𝑘 = 4096, 𝑟 = 8:
LoRA trainable: r(d + k) = 8 × (4096 + 4096) = 8 × 8192 = 65,536
Full matrix: d ⋅ k = 4096 × 4096 = 16,777,216
Reduction: 16,777,216 / 65,536 = 256.00×
Trainable share: 65,536 / 16,777,216 × 100 = 0.39 %

Worked example 2 — non-square feed-forward projection. The feed-forward up-projection of a 7B-class
model maps 4096 → 11008, so 𝑊 ∈ ℝ11008×4096 (𝑑 = 11008, 𝑘 = 4096), choose 𝑟 = 16:
LoRA trainable: r(d + k) = 16 × (11008 + 4096) = 16 × 15,104 = 241,664
Full matrix: d ⋅ k = 11008 × 4096 = 45,088,768
Reduction: 45,088,768 / 241,664 = 186.58×
Trainable share: 241,664 / 45,088,768 × 100 = 0.54 %

Note how the reduction factor depends on shape: 𝑑𝑘
𝑟(𝑑+𝑘) — bigger and squarer matrices give bigger

savings at fixed 𝑟.
Pros - Tiny trainable footprint (megabytes); the “LoRA file” ships separately from the base. - Many
adapters per base model — one per task or per customer; hot-swappable at inference. - Merged inference
adds zero latency. - Base frozen → low risk of catastrophic forgetting; removing the adapter restores
the original model exactly.

Cons - Slightly below full fine-tuning quality on very large datasets / strong domain shifts. - Two extra
hyperparameters (𝑟, 𝛼) plus the choice of target matrices.

বাংলা ব{াখ{া: LoRA-র পুেরা গéćĬ একটা সূƀ�: 𝑊 ′ = 𝑊 +(𝛼/𝑟)𝐵𝐴। িবশাল 𝑊 জমাট, ƄশƁখ শুধু দŲ ই Šচকন ম{াšÏŀ Ē � 𝐵 (লæĠ Ŏ া×𝑟)
আর 𝐴 (𝑟×চওড়া)। 𝐵 = 0 িদেয় শুরĉ — তাই àĎ থম েóüĽ Ɓপ মেডল হুবহু আƁগর মেতাই। Şহসােবর েকৗশল: trainable = 𝑟(𝑑 + 𝑘),
পুেরা ম{াšÏŀ Ē � = 𝑑𝑘; ভাগ করেলই কত গুণ সাìĎ য় েবিরেয় আেস (৪০৯৬-বƁগর্ 𝑟 = 8 িদেল Ŧ ņ̌ ক ২৫৬ গুণ)।
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Figure 4: Trainable parameters vs. LoRA rank for a 7B-class configuration

6.3.3 Total LoRA parameters across a whole model (worked sum)

Attach LoRA with 𝑟 = 8 to the four attention projections (query, key, value, output), each 4096 × 4096,
in all 𝐿 = 32 layers of a 7B-class model:

Per matrix: r(d + k) = 8 × 8192 = 65,536
Per layer: 4 × 65,536 (q, k, v, o) = 262,144
Total: 32 × 262,144 = 8,388,608 ≈ 8.39 M

Share of base: 8,388,608 / 7,000,000,000 × 100 = 0.12 %

General formula for 𝐿 layers, a set 𝑇 of target matrices with shapes (𝑑𝑡, 𝑘𝑡):
N_LoRA = L ⋅ Σ_{t ∈ T} r (d_t + k_t)

Extension check (matches the Level-5 coding task below): adding the three feed-forward matrices (gate
11008×4096, up 11008×4096, down 4096×11008) at 𝑟 = 8 gives

Per layer FFN part: 8 × (15,104 + 15,104 + 15,104) = 8 × 45,312 = 362,496
Total all targets: 32 × (262,144 + 362,496) / 32 … = 32 × 624,640 = 19,988,480 ≈ 19.99 M (0.29 % of 7B)

বাংলা ব{াখ{া: েমাট প{ারাŕমটার Ƅগানার ছক: (এক ম{াšÏŀ Ē ে� 𝑟(𝑑 + 𝑘)) × (àĎ িত েলয়াের কয়টা ম{াšÏŀ Ē �) × (কয়টা েলয়ার)। ৩২ েলয়ার
× ৪ ম{াšÏŀ Ē � × ৬৫,৫৩৬ = ৮৩,৮৮,৬০৮ — মােন ৭ িবŗলয়েনর মা� ০.১২%। পরীক্ষায় ধাƁপ ধাƁপ ŗলƁখা: আƁগ এক ম{াšÏŀ Ē �, তারপর
এক েলয়ার, তারপর Ƅগাটা মেডল — মাঝপƁথ গুণ ভŴ ল হেল আংŕশক নæĠ Ŏ র তবু থাকেব।
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6.3.4 Adapters (bottleneck modules)

Formulation. Insert a small residual bottleneck multilayer perceptron after each transformer sub-layer:

y = x + W_up ⋅ GELU(W_down ⋅ x)

Symbol Shape Meaning
𝑊𝑑𝑜𝑤𝑛 𝑟 × 𝑑 down-projection into the bottleneck
𝑊𝑢𝑝 𝑑 × 𝑟 up-projection back to model width
𝑟 scalar bottleneck width (plays the same capacity role as the LoRA rank)
𝑥, 𝑦 𝑑 sub-layer input / output (residual connection keeps identity path)

Parameter count per adapter module ≈ 2𝑑𝑟 for the two weight matrices, plus biases (𝑟 + 𝑑):
Worked example. 𝑑 = 4096, 𝑟 = 8:
Weights: 2 ⋅ d ⋅ r = 2 × 4096 × 8 = 65,536
Biases: r + d = 8 + 4096 = 4,104
Per module: 69,640
Per layer (2 modules: after attention and after feed-forward): 2 × 69,640 = 139,280
Whole model (L = 32): 32 × 139,280 = 4,456,960 ≈ 4.46 M

Comparison with LoRA (same 𝑑 = 4096, 𝑟 = 8, 𝐿 = 32):

Property Adapters (Houlsby) Low-Rank Adaptation
Trainable parameters (this
config)

≈ 4.46 M ≈ 8.39 M (q,k,v,o)

Where it lives new sequential module in the
layer

parallel additive update to
existing matrices

Nonlinearity yes (GELU in the bottleneck) no (purely linear update)
Inference latency adds an extra sequential

computation per layer —
cannot be merged (because of
the nonlinearity)

zero after merging
𝑊 ′ = 𝑊 + (𝛼/𝑟)𝐵𝐴

Restore base model remove modules remove/unmerge factors

The latency argument is a classic exam question: the adapter’s GELU makes it impossible to fold
the module into the neighboring weight matrix, whereas the LoRA update is linear in 𝑥 and therefore
mergeable.

বাংলা ব{াখ{া: অ{াডাáüĽ ার হেলা েলয়ােরর েভতের বসােনা েছাট “েটালßį াজা” — ইনপুট সরĉ হেয় (𝑑→𝑟) আবার চওড়া হয় (𝑟→𝑑),
মােঝ GELU। ওই nonlinearity-র কারƁণই এেক মূল ওজেন েমশােনা যায় না, তাই àĎ িত ইনফােরে� বাড়িত সময় লাƁগ। LoRA-র
আপেডট পুেরাপুির ৈরŕখক, তাই েমশােনা যায় — latency শূন{। এই এক লাইেনর তŴ লনাটাই ৩-নæĠ Ŏ রী “Explain why” àĎ েëĩ Ļ র àĎ াণ।

6.3.5 Quantization and affine quantization (the Q in QLoRA)

Idea. Store each weight with 𝑏 bits instead of 16. Affine (asymmetric) quantization maps the real
interval [𝑥𝑚𝑖𝑛, 𝑥𝑚𝑎𝑥] onto the integers {0, … , 2𝑏 − 1}:
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scale: s = (x_max − x_min) / (2^b − 1)
zero-point: z = round(−x_min / s)
quantize: q = clamp( round(x / s) + z , 0 , 2^b − 1 )
dequantize: x̂ = s ⋅ (q − z)

Symbol Meaning
𝑏 bit width (8 → 256 levels, 4 → 16 levels)
𝑠 scale: real-value width of one integer step
𝑧 zero-point: which integer represents the real value 0
𝑞 stored integer code

̂𝑥 reconstructed (dequantized) value; | ̂𝑥 − 𝑥| ≤ 𝑠/2

Worked example (𝑏 = 4). Weights lie in [−2.00, 1.00]:
s = (1.00 − (−2.00)) / (24 − 1) = 3.00 / 15 = 0.20
z = round(2.00 / 0.20) = round(10.00) = 10

Quantize x = 0.57:
x / s = 0.57 / 0.20 = 2.85 → round = 3
q = 3 + 10 = 13 (inside [0, 15] ✓)

Dequantize:
x̂ = 0.20 × (13 − 10) = 0.60

Rounding error: |0.60 − 0.57| = 0.03 (≤ s/2 = 0.10 ✓)

Storage per parameter: 16-bit float = 2 bytes; 8-bit = 1 byte; 4-bit = 0.5 bytes. QLoRA uses a 4-bit
data type designed for normally-distributed weights (NormalFloat4) plus double quantization of the
per-block scales to shave the overhead further.

বাংলা ব{াখ{া: েকায়াőüĸ Ľ াইেজশন মােন ওজনগুেলােক েমাটা দাƁগর ƄðĠ ĵŏ েল মাপা — পুেরা ের�েক 2𝑏টা ধাƁপ ভাগ করা হয়; 𝑠 হেলা এক
ধাƁপর ৈদঘর্ {, 𝑧 বেল েদয় শূন{ েকান ধাƁপ পেড়। ধাপ যত েমাটা, ভŴ ল তত েবŕশ — সেবর্ াÃচ ভŴ ল 𝑠/2। Şহসােবর �ŎĴ মটা মুখñĦ : 𝑠 → 𝑧 →
𝑞 → ̂𝑥 → error; পরীক্ষায় এই পঁাচ ধাপই পঁাচ নæĠ Ŏ র।

6.3.6 QLoRA = 4-bit frozen base + 16-bit LoRA factors

Recipe (Dettmers et al. 2023): 1. Quantize the frozen base model to 4 bits (NormalFloat4, double
quantization). 2. Attach LoRA factors 𝐴, 𝐵 kept in 16-bit precision; only these receive gradients. 3.
Backpropagate through the dequantized 4-bit weights into the LoRA factors. 4. Use a paged optimizer
to survive memory spikes.

Memory arithmetic, 7B model, 𝑟 = 8 on q,k,v,o:

Full fine-tuning: 7 × 109 × 16 B = 112.00 GB
LoRA (fp16 base): 7 × 109 × 2 B + 8,388,608 × 16 B = 14.00 GB + 0.13 GB ≈ 14.13 GB
QLoRA (4-bit base): 7 × 109 × 0.5 B + 8,388,608 × 16 B = 3.50 GB + 0.13 GB ≈ 3.63 GB

(The trainable-side 16 B/parameter = 2 weight + 2 gradient + 12 optimizer, same accounting as in
6.2.3; activations come on top in all three cases.) QLoRA famously enables fine-tuning a 65B model
on a single 48 GB graphics card: 65 × 109 × 0.5 𝐵 = 32.50 GB for the base, leaving room for adapters
and activations.
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Trade-off: each forward pass dequantizes blocks of weights on the fly → some extra compute per step,
in exchange for the ~4× memory cut versus a 16-bit base.

বাংলা ব{াখ{া: QLoRA-র সমীকরণ: জমাট েবস ৪-িবেট (প{ারাŕমটার-àĎ িত মা� আধা বাইট) + েছাট LoRA ফ{া ľ́ র ১৬-িবেট। ৭B
মেডল: ১১২ GB → ১৪.১৩ GB → ৩.৬৩ GB — এই িতনটা সংখ{ার ŕ Œস​Ŗড়টা মেন রাƁখা। দাম িদেত হয় গিতেত: àĎ িত েóüĽ Ɓপ ওজন
Ŗডেকায়াőüĸ Ľ াইজ করেত হয়, তাই একটŴ ধীর — িকÝĤ ৬৫B মেডল একটা মা� GPU-েত šঢŀ উন করা যায়, এটাই িবßį ব।

6.3.7 Code: Low-Rank Adaptation from scratch on a single linear layer

import torch, torch.nn as nn

class LoRALinear(nn.Module):
def __init__(self, base: nn.Linear, r=8, alpha=16):

super().__init__()
self.base = base
for p in base.parameters(): p.requires_grad_(False) # freeze W (and bias)
d_out, d_in = base.weight.shape
self.A = nn.Parameter(torch.randn(r, d_in) * 0.01) # A ~ N(0, 𝜎2)
self.B = nn.Parameter(torch.zeros(d_out, r)) # B = 0 → ΔW = 0 at start
self.scale = alpha / r

def forward(self, x):
return self.base(x) + (x @ self.A.T) @ self.B.T * self.scale

torch.manual_seed(0)
base = nn.Linear(64, 64)
lora = LoRALinear(base, r=4)
x = torch.randn(2, 64)
print(”output shape:”, lora(x).shape) # (2, 64)
print(”trainable:”, sum(p.numel() for p in lora.parameters() if p.requires_grad)) # 4*(64+64)=512
print(”frozen base:”, sum(p.numel() for p in lora.base.parameters())) # 64*64+64 = 4160

Sanity checks worth memorizing: trainable = 𝑟(𝑑𝑖𝑛 + 𝑑𝑜𝑢𝑡) = 4 × 128 = 512; before any training step
the output equals the base output exactly (because 𝐵 = 0).
Library version (Hugging Face peft):
# from peft import LoraConfig, get_peft_model
# from transformers import AutoModelForCausalLM
# base = AutoModelForCausalLM.from_pretrained(”meta-llama/Llama-3.1-8B”)
# cfg = LoraConfig(r=8, lora_alpha=16,
# target_modules=[”q_proj”, ”k_proj”, ”v_proj”, ”o_proj”])
# model = get_peft_model(base, cfg)
# model.print_trainable_parameters() # ~0.1 % trainable

If print_trainable_parameters() reports 0.42 % trainable: that is the share of parameters with re-
quires_grad=True. For LoRA on 𝐿 target matrices it is 𝐿 ⋅ 𝑟(𝑑 + 𝑘) divided by the total parameter
count; increasing 𝑟 increases both capacity and this percentage proportionally.

বাংলা ব{াখ{া: েকােডর িতনটা জায়গা Ƅখয়াল কেরা: (১) েবেসর সব প{ারাŕমটার requires_grad_(False) — জমাট; (২) 𝐴 র {াőûĸ ম
িকÝĤ 𝐵 শূন{ — তাই শুরĉেত আউটপুট অিবকল েবেসর মেতা; (৩) forward-এ আƁগ 𝐴𝑥 (সরĉ), পের 𝐵(⋅) — কখেনাই পুেরা 𝐵𝐴
ম{াšÏŀ Ē � েÏĽĒ িনংেয় বানােনা হয় না, এেতই গিত। print_trainable_parameters() িদেয় সবসময় যাচাই কেরা সিত{ই অéćĬ প{ারাŕমটার
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ŕশখেছ িক না।

Algorithms in This Chapter
Algorithm A — LoRA forward pass

input x
y_base = W x # frozen
y_lora = (𝛼/r) ⋅ B (A x) # two skinny multiplications
y = y_base + y_lora

Algorithm B — LoRA merge for deployment

W_merged = W + (𝛼/r) ⋅ B A # done once, offline
serve with W_merged # zero added latency
(unmerge: W = W_merged − (𝛼/r) ⋅ B A restores the base exactly)

Algorithm C — Full fine-tuning step

loss ← cross_entropy(model(x), y)
zero gradients; loss.backward(); optimizer.step() # touches ALL parameters

Algorithm D — QLoRA training step

forward: dequantize 4-bit base blocks on the fly; add (𝛼/r)⋅B(Ax) in 16-bit
loss in 16-bit
backward: gradients flow ONLY into A and B
optimizer step on A, B (paged Adam)

বাংলা ব{াখ{া: চারটা অ{ালগিরদেমর পাথর্ ক{ এক নজের: A হেলা েÏĽĒ িনংেয়র forward (দŲ েটা Šচকন গুণ), B হেলা Ŗডßį য়েমƁőüĸ Ľ র েকৗশল
(একবার ŕমŕশেয় িনেল আর খরচ েনই, আবার িবেয়াগ করেল েবস েফরত), C-েত ƃ¾Đ Ŗডেয়őüĸ Ľ সব ওজেন যায়, D-েত শুধু 𝐴, 𝐵-েত।
পরীক্ষায় pseudocode চাইেল এগুেলাই ŗলখেব।

Real-Life Applications

Use case Recommended approach Why
Format every output as JSON Low-Rank Adaptation +

supervised fine-tuning
persistent format adoption

Adopt company tone-of-voice Low-Rank Adaptation +
supervised fine-tuning

persistent style

Answer with today’s stock
prices

retrieval-augmented
generation (not fine-tuning)

knowledge changes daily

Classify medical reports Low-Rank Adaptation on a
domain dataset

small labelled dataset, stable
domain

Instruction-tune a raw base
model

full or LoRA supervised
fine-tuning

broad behavior change

Align to safety preferences preference alignment (Chapter
2.10)

preference optimization, not
task loss
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Use case Recommended approach Why
Coding assistant from a
general base

full fine-tuning (large data,
big shift) + preference tuning

domain shift too large for tiny
updates

One adapter per enterprise
customer

LoRA hot-swapping on a
shared base

megabyte adapters, per-tenant
isolation

Limits: fine-tuning is not a substitute for retrieval when knowledge is volatile, and not a substitute for
alignment when safety preferences are the goal.

বাংলা ব{াখ{া: বাòģ ব àĎ েয়াগ মুখñĦ নয়, প{াটানর্ টা ধেরা: óüĽ াইল/ফরম{াট/েডােমইন-আচরণ → ফাইন-šঢŀ উিনং; তাজা/উØĠ ķ ōৃ িতেযাগ{ তথ{ →
RAG; িনরাপ�া-পছőদĸ → অ{ালাইনেমőüĸ Ľ । মাŤéüŁ -েটন{াőüĸ Ľ SaaS-এর েকসটা িবƁশষ সুőদĸ র — এক েবস মেডল, àĎ িত ¾Đ াহেকর জন{ কেয়ক
েমগাবাইেটর আলাদা LoRA ফাইল, অনুেরাধ অনুযায়ী লাগােনা-Ƅখালা যায়।

Exam-Focused Summary

Topic Memorize
When to fine-tune persistent style/behavior, hundreds+ examples,

evaluation harness ready
When NOT to volatile facts (→ retrieval), tiny data (→

prompting), no evaluation, citations needed
LoRA update 𝑊 ′ = 𝑊 + (𝛼/𝑟)𝐵𝐴, 𝐴 ∈ ℝ𝑟×𝑘 random,

𝐵 ∈ ℝ𝑑×𝑟 zero-init
LoRA trainable per matrix 𝑟(𝑑 + 𝑘) vs. full 𝑑𝑘; reduction = 𝑑𝑘/𝑟(𝑑 + 𝑘)
Worked anchor numbers 40962, r=8 → 65,536 vs 16,777,216 → 256.00×;

whole 7B q,k,v,o, L=32 → 8,388,608 (0.12 %)
Adapter 𝑦 = 𝑥 + 𝑊𝑢𝑝 GELU(𝑊𝑑𝑜𝑤𝑛 𝑥); ≈ 2𝑑𝑟 + biases;

adds latency (GELU blocks merging)
Bytes per parameter (training, Adam mixed
precision)

2 + 2 + 4 + 4 + 4 = 16 → 7B: 112.00 GB

Memory ladder 7B full 112.00 GB → LoRA ≈ 14.13 GB →
QLoRA ≈ 3.63 GB

Affine quantization 𝑠 = (𝑥𝑚𝑎𝑥 − 𝑥𝑚𝑖𝑛)/(2𝑏 − 1);
𝑧 = round(−𝑥𝑚𝑖𝑛/𝑠); error ≤ 𝑠/2

QLoRA 4-bit NormalFloat frozen base (0.5 B/param) +
16-bit LoRA factors + paged optimizer

Catastrophic forgetting narrow loss overwrites unprotected weights;
mitigations: penalty toward 𝜃𝑝𝑟𝑒𝑡𝑟𝑎𝑖𝑛𝑒𝑑, data
mixing, freezing (PEFT)

বাংলা ব{াখ{া: িরŕভশেনর সময় এই েটিবেলর “anchor” সংখ{াগুেলা বারবার হােত কেষা: ২৫৬×, ৮৩,৮৮,৬০৮, ০.১২%, ১৬ বাইট, ১১২
GB, ৩.৬৩ GB, error ≤ 𝑠/2। পরীক্ষার হেল নতŴ ন সংখ{া িদেলও পØĠ ķ ō িত একই থাকেব — শুধু 𝑑, 𝑘, 𝑟, 𝐿 বদেল যােব।
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Common Traps (lose-a-point list)
1. Confusing fine-tuning with retrieval-augmented generation — weights store behavior, the index

stores facts.
2. Forgetting the (𝛼/𝑟) scaling when computing the merged weight or gradients.
3. Computing LoRA parameters as 𝑟 ⋅ 𝑑 ⋅ 𝑘 instead of 𝑟(𝑑 + 𝑘).
4. Using 1 GB = 230 bytes in one line and 109 bytes in the next — pick one (the lecture uses 109)

and state it.
5. Claiming adapters can be merged — the GELU nonlinearity prevents it; only the linear LoRA

update merges.
6. Forgetting to freeze the base model — then it is just full fine-tuning with extra parameters.
7. Treating supervised fine-tuning alone as alignment — preference optimization is still needed for

safety.
8. Choosing 𝑟 too small (underfits the task) or needlessly large (memory, more drift from base,

overfitting risk).

বাংলা ব{াখ{া: সবেচেয় দাŕম দŲ েটা ভŴ ল: 𝑟(𝑑 + 𝑘)-র জায়গায় 𝑟 ⋅ 𝑑 ⋅ 𝑘 েলখা, আর (𝛼/𝑟) ƄðĠ ĵŏ ŗলং ভŴ েল যাওয়া — দŲ েটােতই পুেরা অ�
েভেòģ যায়। আর মেন রাƁখা: অ{াডাáüĽ ার েমশােনা যায় না (GELU আেছ বেল), LoRA যায় (ৈরŕখক বেল) — উেéüĽ বলেল নæĠ Ŏ র কাটা
িনřëøত।

Mock Exam — Chapter 6
Instructions: 120 minutes for the full exam; this chapter block is worth 50 points. Use the technical
terms from the lecture. Do not use abbreviations. A non-programmable calculator is allowed. Round
all numerical results to 2 decimals unless stated otherwise.

Level 1 — Basic (10 points)

Q1.1 (1 pt). Which statement best describes parameter-efficient fine-tuning? - (a) It updates all
parameters of the base model but with a smaller learning rate. - (b) It freezes the base model and
trains only a small number of (often newly added) parameters. - (c) It compresses the base model to
fewer bits so it fits on one graphics card. - (d) It replaces gradient updates entirely with in-context
examples.

Q1.2 (1 pt). Which statement best describes the role of the rank 𝑟 in Low-Rank Adaptation? - (a) It
sets the number of transformer layers that receive an update. - (b) It sets the numerical precision of
the trainable factors. - (c) It sets the number of independent directions in which the weight matrix
can change, and thereby the trainable-parameter count 𝑟(𝑑 + 𝑘). - (d) It sets the learning rate of the
adapter optimizer.

Q1.3 (1 pt). Which statement best describes QLoRA? - (a) The base model is quantized to 4 bits and
also trained in 4 bits. - (b) The Low-Rank Adaptation factors are quantized to 4 bits while the base
stays in 16 bits. - (c) The frozen base model is stored in 4 bits while 16-bit Low-Rank Adaptation
factors are trained on top. - (d) The optimizer states are quantized to 4 bits while everything else stays
in 16 bits.

Q1.4 (1 pt). Which statement best describes why a merged Low-Rank Adaptation model has the same
inference latency as the base model? - (a) The adapter is executed on a second graphics card in parallel.
- (b) The update (𝛼/𝑟)𝐵𝐴 is folded into the weight once, so inference performs the same single matrix
multiplication as before. - (c) The rank 𝑟 is so small that the extra computation takes no measurable
time. - (d) The factors are cached in fast memory after the first request.
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Q1.5 (3 pts). Define parameter-efficient fine-tuning and rank precisely, using the technical terms from
the lecture.

Q1.6 (3 pts). Define QLoRA and catastrophic forgetting precisely, using the technical terms from the
lecture.

Level 2 — Intuitive “Explain why” (9 points, 3 each; structure each answer as cause → mechanism →
consequence)

Q2.1. Explain why a low-rank update is usually sufficient to adapt a large pretrained language model
to a new task.

Q2.2. Explain why a merged Low-Rank Adaptation adds zero inference latency, while an adapter
module always adds latency.

Q2.3. Explain why full fine-tuning suffers more from catastrophic forgetting than Low-Rank Adapta-
tion.

Level 3 — Numerical (15 points, 5 each; show every step, 2 decimals)

Q3.1. A 7B-class model has 𝐿 = 32 transformer layers with query/key/value/output projections of size
4096 × 4096. Low-Rank Adaptation with rank 𝑟 = 16 is attached to the query and value projections
only. (a) Trainable parameters per matrix, per layer, and for the whole model. (b) Reduction factor
versus fully training one 4096 × 4096 matrix. (c) Trainable share of the 7,000,000,000-parameter base
in percent.

Q3.2. You have a single 24 GB graphics card and a 13B-parameter model (𝐿 = 40 layers, hidden size
5120). Decide which of the following fits, using 1 GB = 109 bytes and ignoring activations (state this
assumption): (a) full fine-tuning with mixed-precision Adam (16 bytes per parameter), (b) Low-Rank
Adaptation (𝑟 = 8 on query/key/value/output) with a 16-bit frozen base, (c) QLoRA (4-bit frozen base)
with the same adapters. For (b) and (c), compute the adapter parameter count and its training-state
memory at 16 bytes per trainable parameter.

Q3.3. Affine quantization with 𝑏 = 4 bits over the weight range [−1.00, 2.00]. (a) Compute the scale
𝑠 and the zero-point 𝑧. (b) Quantize 𝑥 = −0.47 (give the integer code). (c) Dequantize and state the
absolute rounding error. (d) State the maximum possible rounding error of this quantizer.

Level 4 — Transfer / TU-hard mini-cases (10 points; 5 + 5; name the technique, justify, give the
trade-off)

Q4.1 (5 pts). A company has two separately trained Low-Rank Adaptation adapters on the same frozen
base: one for legal tone, one for strict JSON output. An engineer proposes serving both at once by
simply adding the updates: 𝑊 ′ = 𝑊 +Δ𝑊𝑙𝑒𝑔𝑎𝑙 +Δ𝑊𝐽𝑆𝑂𝑁 . Assess this proposal: when does such “task
arithmetic” work, what is the interference risk, and name two safer alternatives with their trade-offs.

Q4.2 (5 pts). (Choose ONE of the two scenarios; both are graded equally.) (i) Rank versus intrinsic
dimension. A team raises the rank from 𝑟 = 8 to 𝑟 = 256 hoping for better quality. Task accuracy
barely moves, but held-out general-capability scores drop and memory rises. Explain using the con-
cept of intrinsic dimension, and give a recommendation. (ii) When retrieval strictly dominates. A
bank’s chatbot must answer from regulations that change weekly, must cite the exact source para-
graph, and must respect per-user document access rights, including deletion requests. Argue why
retrieval-augmented generation strictly dominates fine-tuning here (freshness, provenance, access con-
trol, right-to-be-forgotten), and state the residual trade-off.
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Level 5 — Coding (6 points, 3 each)

Q5.1. Using only numpy, verify numerically that the unmerged Low-Rank Adaptation forward pass
𝑊𝑥 + (𝛼/𝑟)𝐵(𝐴𝑥) equals the merged forward pass (𝑊 + (𝛼/𝑟)𝐵𝐴) 𝑥, and confirm that the rank of 𝐵𝐴
is at most 𝑟.
Q5.2. Write a Low-Rank-Adaptation parameter-count calculator that takes a model-specification dic-
tionary (number of layers, target matrices with shapes) and a rank 𝑟, and returns the total trainable-
parameter count. Use it for a 7B-class specification with (a) query/key/value/output at 𝑟 ∈ {4, 8, 16}
and (b) all seven matrices (attention + feed-forward gate/up/down) at 𝑟 = 8, reporting the percentage
of a 7,000,000,000-parameter base.

Solutions

Level 1 Q1.1 — (b). Parameter-efficient fine-tuning freezes the pretrained base and trains only a small
subset of parameters (low-rank factors, adapters). (a) is full fine-tuning with a schedule tweak; (c) is
quantization, a storage technique; (d) is in-context learning, which performs no gradient updates.

Q1.2 — (c). The rank bounds the number of linearly independent directions of the update Δ𝑊 =
(𝛼/𝑟)𝐵𝐴 and directly sets the trainable count 𝑟(𝑑 + 𝑘) per matrix. Precision, layer count, and learning
rate are separate knobs.

Q1.3 — (c). QLoRA = frozen base quantized to 4 bits (NormalFloat4, double quantization) + trainable
16-bit Low-Rank Adaptation factors + paged optimizer. The base is never trained in 4 bits (a); the
factors stay in 16 bits (b); (d) describes 8-bit optimizers, a different technique.

Q1.4 — (b). Merging computes 𝑊 ′ = 𝑊 +(𝛼/𝑟)𝐵𝐴 once, offline. Afterwards the layer is a single dense
matrix multiplication of identical shape to the original — structurally identical cost, hence exactly zero
added latency. (c) is wrong in principle: unmerged LoRA does add a (small) cost; merged LoRA adds
none.

Q1.5. Parameter-efficient fine-tuning: a family of adaptation methods that keep the pretrained param-
eters frozen and optimize only a small set of additional or selected parameters (for example low-rank
factors or bottleneck adapters), reducing trainable parameters and optimizer memory by orders of
magnitude while approaching full fine-tuning quality. Rank: the number of linearly independent rows
(equivalently columns) of a matrix; in Low-Rank Adaptation, the hyperparameter 𝑟 that upper-bounds
the rank of the update 𝐵𝐴 and determines its capacity and parameter count 𝑟(𝑑 + 𝑘).
Q1.6. QLoRA: a parameter-efficient fine-tuning method that stores the frozen base model in 4-bit
precision (NormalFloat4 with double quantization) and trains 16-bit low-rank factors on top, with a
paged optimizer; it preserves Low-Rank Adaptation quality while cutting base-model memory by about
four times versus 16-bit storage. Catastrophic forgetting: the degradation of previously learned general
capabilities when a model is further trained on a narrow dataset, because gradient updates overwrite
weights that encoded the old behavior and the new loss contains no term protecting them.

Level 2 (cause → mechanism → consequence) Q2.1. Cause: the pretrained model already contains
the features the downstream task needs; the task’s intrinsic dimension is small relative to the parameter
count (Aghajanyan et al. 2020). Mechanism: adaptation therefore mostly re-weights and re-combines
existing feature directions, so the ideal update Δ𝑊 has a fast-decaying singular-value spectrum, and
a rank-𝑟 factorization 𝐵𝐴 (the best rank-𝑟 approximation, by the Eckart–Young theorem) captures
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almost all of it. Consequence: training only 𝑟(𝑑 + 𝑘) parameters per matrix reaches near-full-fine-
tuning quality at a tiny fraction of memory — e.g., 65,536 instead of 16,777,216 parameters (256.00×
less) for a 4096 × 4096 matrix at 𝑟 = 8.
Q2.2. Cause: the Low-Rank Adaptation update is linear in the input (Δ𝑊 𝑥 with constant Δ𝑊 =
(𝛼/𝑟)𝐵𝐴), while the adapter applies a nonlinearity (GELU) between its projections. Mechanism: linear
maps with the same input compose by matrix addition, so 𝑊𝑥 + (𝛼/𝑟)𝐵𝐴𝑥 = (𝑊 + (𝛼/𝑟)𝐵𝐴)𝑥 —
the update folds into one merged matrix 𝑊 ′ offline; the adapter’s GELU cannot be absorbed into any
neighboring weight matrix, so its bottleneck must be executed sequentially at every layer on every
request. Consequence: merged Low-Rank Adaptation serves at exactly the base model’s cost (zero
added latency), whereas adapters permanently add per-layer computation at inference.

Q2.3. Cause: full fine-tuning gives the optimizer access to all ≈ 7 × 109 degrees of freedom; Low-Rank
Adaptation structurally restricts the update to a rank-𝑟 subspace and freezes the base. Mechanism:
with all weights free, gradient descent on a narrow task loss overwrites whichever weights help that
loss — including weights encoding unrelated capabilities, since nothing in the loss protects them; with
Low-Rank Adaptation the deviation from 𝜃𝑝𝑟𝑒𝑡𝑟𝑎𝑖𝑛𝑒𝑑 is confined to (𝛼/𝑟)𝐵𝐴, a bounded, removable
perturbation (this acts like an extreme form of the penalty (𝜆/2)‖𝜃 − 𝜃𝑝𝑟𝑒𝑡𝑟𝑎𝑖𝑛𝑒𝑑‖2). Consequence: full
fine-tuning measurably degrades general benchmarks after narrow training, while Low-Rank Adaptation
drifts far less — and removing (or unmerging) the factors restores the original model exactly.

Level 3 (full working) Q3.1. (a) Per matrix: 𝑟(𝑑 + 𝑘) = 16 × (4096 + 4096) = 16 × 8192 = 131,072.
Per layer (query and value → 2 matrices): 2 × 131,072 = 262,144. Whole model: 32 × 262,144 =
8,388,608 trainable parameters. (b) Reduction per matrix: 𝑑𝑘

𝑟(𝑑 + 𝑘) = 16,777,216
131,072 = 128.00×. (c)

Share: 8,388,608
7,000,000,000 × 100 = 0.12 %.

Q3.2. Assumption stated: activations ignored; 1 GB = 109 bytes. (a) Full fine-tuning: 13×109 ×16B =
208.00 GB ≫ 24 GB → does not fit (would not even fit on eight such cards without sharding optimizer
states). (b) Adapter count: per matrix 8×(5120+5120) = 81,920; per layer 4×81,920 = 327,680; total
40 × 327,680 = 13,107,200 parameters. Adapter training states: 13,107,200 × 16B = 209.72 MB ≈ 0.21
GB. Frozen 16-bit base: 13 × 109 × 2B = 26.00 GB. Total ≈ 26.21 GB > 24 GB → does not fit (the
frozen base alone already exceeds the card). (c) QLoRA: 4-bit base 13 × 109 × 0.5B = 6.50 GB; + 0.21
GB adapter states ≈ 6.71 GB → fits comfortably, leaving ≈ 17.29 GB headroom for activations and
quantization constants. Conclusion: on a 24 GB card, QLoRA is the only viable option of the three.

Q3.3. (a) 𝑠 = 2.00 − (−1.00)
24 − 1 = 3.00

15 = 0.20; 𝑧 = round(1.00
0.20) = round(5.00) = 5. (b) 𝑥/𝑠 =

−0.47/0.20 = −2.35 → round = −2; 𝑞 = −2 + 5 = 3 (inside [0, 15], no clamping). (c) ̂𝑥 = 𝑠 (𝑞 − 𝑧) =
0.20 × (3 − 5) = −0.40; error = |−0.40 − (−0.47)| = 0.07. (d) Maximum rounding error = 𝑠/2 = 0.10
(any value rounds to a grid point at most half a step away).

Level 4 Q4.1. Technique assessment: adding updates is task arithmetic on Low-Rank Adaptation
deltas. When it works: if the two updates act in (nearly) orthogonal subspaces — their singular
directions barely overlap — the sum applies both behaviors with little cross-talk; empirically plausible
here because “legal tone” (style of token choice) and “JSON structure” (formatting) are fairly disjoint
skills. Interference risk: where the subspaces overlap, the deltas add destructively or constructively
— sign conflicts and magnitude inflation distort both behaviors (the model may produce malformed
JSON in legal register, or legalese keys in JSON); neither adapter was ever trained in the presence of the
other, so the composition is out-of-distribution. Safer alternatives: (1) joint training of a single adapter
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on a mixed legal+JSON dataset — best quality, but requires a new training run and re-evaluation
whenever either skill changes; (2) sequential / pipelined application or per-request hot-swapping (route
the request through one adapter, or pick the relevant adapter per request) — no interference and cheap
rollback, but cannot exhibit both behaviors in one response; (3) (bonus) interference-aware merging
that trims small components and resolves sign conflicts before adding (TIES-style merging) — keeps
a single merged weight, but adds method complexity and still needs evaluation. Trade-off summary:
naive addition is free but unvalidated; every safe option costs either a training run, serving flexibility,
or merging machinery — and all require an evaluation harness before deployment.

Q4.2 (i). Explanation: the task’s intrinsic dimension — the number of independent directions actually
needed to learn it — is evidently at or below the capacity of 𝑟 = 8 (≈ accuracy already saturated).
Raising 𝑟 to 256 adds directions the task does not need: trainable parameters grow 32-fold (𝑟(𝑑 + 𝑘)
is linear in 𝑟), the optimizer can now push the model further away from 𝜃𝑝𝑟𝑒𝑡𝑟𝑎𝑖𝑛𝑒𝑑 in many more
directions, and the extra capacity fits noise in the small fine-tuning set. Mechanism for the general-
score drop: larger admissible deviation from the base weakens the implicit regularization that made Low-
Rank Adaptation forgetting-resistant — mild catastrophic forgetting plus overfitting. Recommendation:
return to a small rank (sweep 𝑟 ∈ {4, 8, 16} with fixed 𝛼), monitor both task and general held-out scores,
and prefer the smallest rank on the task-quality plateau. Trade-off: a small residual risk of underfitting
a genuinely harder future task — re-sweep when the task changes.

Q4.2 (ii). Technique: retrieval-augmented generation over the regulation corpus. Justification — four in-
dependent knock-out arguments against fine-tuning: (1) Freshness: regulations change weekly; weights
are frozen at training time, so a fine-tuned model is systematically stale unless retrained weekly (cost,
regression risk), while a retrieval index is updated in minutes. (2) Provenance: the bank must cite the
exact paragraph; retrieval returns the source passage verbatim, whereas knowledge stored in weights
cannot be attributed — the model may even paraphrase incorrectly with no citation. (3) Access control:
per-user document rights can be enforced at retrieval time (filter the index per user); a single fine-tuned
weight set leaks the union of all documents to all users. (4) Right-to-be-forgotten: deleting a document
from an index is trivial; removing its influence from trained weights is practically impossible short of
retraining. Since each requirement alone disqualifies fine-tuning, retrieval strictly dominates for the
knowledge component. Residual trade-off: added per-request latency and a new failure mode (retrieval
misses → wrong context); and retrieval does not give the bot a persistent tone or format — a small
Low-Rank Adaptation for style only, combined with retrieval for facts, is the ideal hybrid.

Level 5 (code, executed and verified) Q5.1 — merged vs. unmerged forward (numpy).
import numpy as np
rng = np.random.default_rng(42)
d, k, r, alpha = 6, 5, 2, 16
W = rng.normal(size=(d, k))
A = rng.normal(size=(r, k)) * 0.01 # A ~ N(0, 𝜎2)
B = rng.normal(size=(d, r)) # (after some training; at init B = 0)
x = rng.normal(size=(k,))

y_unmerged = W @ x + (alpha / r) * (B @ (A @ x)) # training-time path
W_merged = W + (alpha / r) * (B @ A) # deployment merge
y_merged = W_merged @ x

print(”allclose:”, np.allclose(y_unmerged, y_merged))
print(”max abs difference: {:.2e}”.format(np.max(np.abs(y_unmerged - y_merged))))
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print(”rank of B@A:”, np.linalg.matrix_rank(B @ A), ”(<= r =”, str(r) + ”)”)

Verified output:

allclose: True
max abs difference: 4.44e-16
rank of B@A: 2 (<= r = 2)

Interpretation: the only difference is floating-point associativity (≈ 4.44 × 10−16, machine epsilon
territory); algebraically the two paths are identical, which is exactly why merging adds zero latency.
The rank check confirms rank(𝐵𝐴) ≤ 𝑟.
Q5.2 — parameter-count calculator over a model-specification dictionary.
def lora_param_count(spec: dict, r: int) -> int:

”””Total LoRA trainable parameters: L * sum over targets of r*(d_out + d_in).”””
total = 0
for name, (d_out, d_in) in spec[”target_matrices”].items():

total += spec[”n_layers”] * r * (d_out + d_in)
return total

llama7b_attn = {
”n_layers”: 32,
”target_matrices”: { # (d_out, d_in)

”q_proj”: (4096, 4096), ”k_proj”: (4096, 4096),
”v_proj”: (4096, 4096), ”o_proj”: (4096, 4096),

},
}
llama7b_all = {

”n_layers”: 32,
”target_matrices”: {

”q_proj”: (4096, 4096), ”k_proj”: (4096, 4096),
”v_proj”: (4096, 4096), ”o_proj”: (4096, 4096),
”gate_proj”: (11008, 4096), ”up_proj”: (11008, 4096),
”down_proj”: (4096, 11008),

},
}
for r in (4, 8, 16):

n = lora_param_count(llama7b_attn, r)
print(f”qkvo r={r:>2}: {n:>12,} trainable ({100*n/7e9:.2f} % of 7B)”)

n = lora_param_count(llama7b_all, 8)
print(f”all r= 8: {n:>12,} trainable ({100*n/7e9:.2f} % of 7B)”)

Verified output:

qkvo r= 4: 4,194,304 trainable (0.06 % of 7B)
qkvo r= 8: 8,388,608 trainable (0.12 % of 7B)
qkvo r=16: 16,777,216 trainable (0.24 % of 7B)
all r= 8: 19,988,480 trainable (0.29 % of 7B)

Interpretation: counts scale linearly in 𝑟 (4M → 8M → 17M as 𝑟 doubles), and even covering all seven
matrices per layer at 𝑟 = 8 stays below 0.30 % of the base — the heart of the parameter-efficiency
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argument.

বাংলা ব{াখ{া (মক পরীক্ষা): উ�েরর কাঠােমাটাই অেধর্ ক নæĠ Ŏ র। “Explain why”-েত সবসময় কারণ → àĎ ŕ�ŎĴ য়া → ফলাফল সাজাও;
অে� àĎ িতšঢŀ ধাপ আলাদা লাইেন েলƁখা (এক ম{াšÏŀ Ē � → এক েলয়ার → পুেরা মেডল); ŕমিন-েকেস আƁগ েকৗশেলর নাম, তারপর যুŖ�Ĵ Ŏ ,
Ƅশেষ trade-off — একটাও বাদ িদেল নæĠ Ŏ র কাটা যায়। আর সংখ{ার Ƅশেষ একক (GB, %, ×) ŗলখেত ভŴ েলা না।

Final Chapter Cheat Sheet
Definitions to recall cold: fine-tuning, full fine-tuning, parameter-efficient fine-tuning, adapter, Low-
Rank Adaptation, rank, scaling factor 𝛼, quantization, affine quantization, QLoRA, catastrophic for-
getting, domain shift, intrinsic dimension, merging.

Formulas: - LoRA update: 𝑊 ′ = 𝑊 + (𝛼/𝑟) 𝐵𝐴, with 𝐴 ∈ ℝ𝑟×𝑘, 𝐵 ∈ ℝ𝑑×𝑟, 𝐵 zero-initialized. -
Trainable per matrix: 𝑟(𝑑 + 𝑘); reduction = 𝑑𝑘/𝑟(𝑑 + 𝑘). - Whole model: 𝑁 = 𝐿 ⋅ ∑𝑡 𝑟(𝑑𝑡 + 𝑘𝑡). -
Adapter: 𝑦 = 𝑥 + 𝑊𝑢𝑝 GELU(𝑊𝑑𝑜𝑤𝑛 𝑥); ≈ 2𝑑𝑟 weights + (𝑟 + 𝑑) biases per module; not mergeable.
- Training memory: 16 bytes/parameter (2+2+4+4+4) → 7B full fine-tuning = 112.00 GB; LoRA ≈
14.13 GB; QLoRA ≈ 3.63 GB. - Affine quantization: 𝑠 = (𝑥𝑚𝑎𝑥 − 𝑥𝑚𝑖𝑛)/(2𝑏 − 1), 𝑧 = round(−𝑥𝑚𝑖𝑛/𝑠),
𝑞 = clamp(round(𝑥/𝑠)+𝑧, 0, 2𝑏 −1), ̂𝑥 = 𝑠(𝑞−𝑧), error ≤ 𝑠/2. - Forgetting control: 𝐿𝑡𝑎𝑠𝑘(𝜃)+(𝜆/2)‖𝜃−
𝜃𝑝𝑟𝑒𝑡𝑟𝑎𝑖𝑛𝑒𝑑‖2; PEFT = structural version (freeze + constrain).

Algorithms: LoRA forward (two skinny multiplications), LoRA merge/unmerge, full fine-tuning step,
QLoRA step (dequantize-on-the-fly, gradients only into 𝐴, 𝐵).

Code pattern:
class LoRALinear(nn.Module):

def forward(self, x):
return self.base(x) + (x @ self.A.T) @ self.B.T * self.scale # scale = alpha / r

Difficult English ↔ বাংলা: - low-rank update → েলা-র {া� সংƁশাধন (অéćĬ ðĠ Ŏ াধীন িদেক পিরবতর্ ন) - catastrophic
forgetting → িবপযর্ য়মূলক িবðĄৃিত (পুেরােনা দক্ষতা মুেছ যাওয়া) - adapter → অ{াডাáüĽ ার (েলয়াের বসােনা েছাট েবাতলগলা
মŖডউল) - merging → একীভŹ তকরণ (আপেডট মূল ওজেন ŕমŕশেয় েদওয়া) - quantization → েকায়াőüĸ Ľ াইেজশন (কম িবেট ওজন
সংরক্ষণ) - zero-point → িজেরা-পেয়őüĸ Ľ (বাòģ ব শূন{ েয পূণর্ সংখ{ায় বেস) - intrinsic dimension → অÝģ ি র্ন​Şহত মা�া (কাজ
Ƅশখার নূ{নতম িদক-সংখ{া) - provenance → উৎস-àĎ মাণ (উ�র েকান নিথ Ƅথেক এেলা)

Quick revision (one breath): fine-tune for behavior, retrieve for facts, prompt for experiments; LoRA
= frozen 𝑊 + (𝛼/𝑟)𝐵𝐴, 𝑟(𝑑 + 𝑘) trainable, mergeable, zero latency; adapters add latency (GELU); 16
bytes/parameter → 112.00 GB for 7B; QLoRA = 0.5 byte/parameter base → 3.63 GB; quantization
error ≤ 𝑠/2; always evaluate before and after.

বাংলা ব{াখ{া: Ƅশষ কথা — এই অধ{ােয়র ৮০% নæĠ Ŏ র আেস চারটা িজিনস Ƅথেক: (১) 𝑟(𝑑 + 𝑘) বনাম 𝑑𝑘-র Şহসাব, (২) ১৬
বাইট/প{ারাŕমটােরর েমমির-ŕ Œস​Ŗড়, (৩) LoRA বনাম অ{াডাáüĽ ােরর latency-যুŖ�Ĵ Ŏ , (৪) àĎ æপট/RAG/ফাইন-šঢŀ উন ŕসØĠ ķ ō াÝģ -ছক। এগুেলা
খাতায় িতনবার কের কেষ েফেলা — পরীক্ষার হেল ক{ালকুেলটর শুধু গুণভাƁগ লাগেব, ŠচÝģ ায় নয়।

End of Chapter 6.
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